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REMARKS ON METRIZABILITY OF DUAL GROUPS

FREDERIC MYNARD AND MIKHAIL TKACHENKO

ABsTrRACT. We examine sufficient conditions for the dual of a
topological group to be metrizable and locally compact, improv-
ing on results of [4].

1. INTRODUCTION AND PRELIMINARIES

If G is an abelian topological group, its dual G is the set of continuous
group homomorphisms into the one-dimensional torus T, endowed with
the compact-open topology.

Two families A and B of subsets of a set X are said to mesh, in symbols
A#B, if AN B # & whenever A € A and B € B. Thus, if the set FX
of filters on a set X is ordered by inclusion, two filters F and G admit a
supremum F V G if and only if F#G. We do not distinguish between a
sequence (Z,)new, and the filter generated by its tails. In particular, if H
is a family of subsets of X and (x,)ncw i a sequence on X, the notation
H#(xp)new means that H N {z, : n > k} # & for every H € H and
k € w.

Recall that a topological space X is sequential if every sequentially
closed subset is closed. The space is Fréchet-Urysohn, or simply Fréchet,
if whenever x € X and A C X with « € cl A, there is a sequence on A that
converges to . It is strongly Fréchet if whenever (A, )necw is a decreasing
sequence of subsets of X with x € cl A,, there is z,, € A,, for each
n with x,, —, =, equivalently if

VH € F1 X, adhH C adhgeq H,

new
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