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THE HYPERSPACE OF SEQUENCES OF

A DENDRITE IS CONTRACTIBLE

ALEJANDRO ILLANES

Abstract. Given a Hausdor� space X, let Sc(X) be the hyper-
space of nontrivial convergent sequences. It is an open problem to
determine if the contractibility of X implies the contractibility of
Sc(X). In this paper we prove that if X is a dendrite (a locally
connected continuum without simple closed curves), then Sc(X) is
contractible. This answers a question by Javier Camargo, David
Maya, and Patricia Pellicer-Covarrubias [Path connectedness, lo-

cal path connectedness and contractibility of Sc(X). Available at
arXiv:1802.00725v1 [math.GN].]

1. Introduction

The harmonic sequence is the subspace {0, 1, 1
2 ,

1
3 , . . .} of the real line.

Given a Hausdor� space X, the hyperspace of nontrivial convergent se-

quences Sc(X) is de�ned as
Sc(X) = {A ⊂ X : A is homeomorphic to the harmonic sequence}.
This hyperspace is considered with the Vietoris topology. In the case

that X is a metric space, the Vietoris topology in Sc(X) is induced by
the Hausdor� metric H.

The hyperspace Sc(X) is introduced by S. García-Ferreira and Y. F.
Ortiz-Castillo in [3]. Several authors study di�erent aspects related to
these hyperspaces in [2]�[10]. A very natural problem is the following.
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