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ON METRIZABLE SUBSETS OF HEREDITARILY
NORMAL COMPACT SPACES
HEIKKI JUNNILA AND KAZUO TOMOYASU
Abstract. Let X be a metrizable space which has a hereditarily
normal ω1 -compactification. We show that X is rim-separable and
that if X is also connected, then w(X) ≤ ω1 and X has a σ-pointfinite base by sets with separable boundaries.

1. Introduction
One of the finest contributions of Philip Zenor to the theory of pointset topology was the introduction of the concept of monotone normality
in 1970 ([13]). This concept turned out to be extremely fruitful and some
of the most spectacular results in topology in the last decades deal with
monotonically normal spaces.
Also this paper has its roots in work on monotone normality. It is
known that many metrizable spaces have monotonically normal compactifications. For example, every locally separable metrizable space has a
hereditarily paracompact monotonically normal compactification (see the
proof of Proposition 3 below) and this kind of a compactification exists
also for every strongly zero-dimensional metrizable space (see [8]). A
problem due to P. Gartside asked whether every metrizable space has a
monotonically normal compactification ([3, Problem 10]). The problem
was solved in [9] by the result that the hedgehog-space J(ω1 ) admits no
monotonically normal compactification.
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